1. This note is concerned with the weak boundary value problem (2) is similar to but weaker than those imposed on the elliptic operators which are studied in [2] , [3] , [4] . Specifically, we assume that A = (a tj ) is a real matrix-valued function, symmetric and positive definite almost everywhere on Q with Under these assumptions we prove: If /eL 2 (Q, c{x)dx\ f{x) ^ 0 a.e. on Q and ƒ ± 0 then (1) has a solution positive almost everywhere on Q, in particular a nonnegative eigenfunction of (2) is positive almost everywhere in Q ; if (2) has a nonnegative eigenfunction corresponding to an eigenvalue A x > 0 then X x is simple and the spectrum of (2) is contained in
This research was motivated by certain problems arising in connection with the study in [1] of nonlinear elliptic eigenvalue problems. From (4) and (6) it is clear that the functions in X are also in Y. The inclusion mapping X c Y will be denoted by i. LEMMA 
The mapping i:X -» Y is bounded, injective, and has dense range. The mapping i* : Y -• X (the Lax-Milgram operator) is also injective with dense range and preserves nonnegativity.
It is not difficult to see that when X = X 0 then u = i*f for ƒ e X is the solution of (1).
We next consider the "Green's operator" k -ii* in Y, and state the first of our two main results which refines the nonnegativity assertion of Lemma 2. h(x) > 0 a.e. on Q.
In particular if k has a nonnegative eigenfunction cp, then
cp(x) > 0 a.e. on Q.
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REMARK. If Q is bounded, b = 0, and the coefficients in (2) satisfy stronger regularity conditions then such a positivity result can be obtained from Lemma 2 and the Harnack inequality of Trudinger [4] ; indeed in that case one can assert, instead of merely (9), that h has a positive essential lower bound on each compact subset of Q. Our proof of Theorem 1 however makes use of global rather than local methods. THEOREM 2. Let cp be a nonnegative eigenfunction of fc, pup = fccp, then ||/c|| = jU, and p, is a simple eigenvalue of k.
While Theorem 2 is very easily proved in the case where k is compact, the general case is somewhat deeper and does not seem to be contained in the extensive literature on positive operators.
3. We now describe the sort of application of Theorems 1 and 2 which was wanted for [1] . We consider the problem (2) 
